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Pe3tome: Paccmompena 2a1uncoudanvias annpokcumMayusi nepeceyenusi INIUNCoudd U 2unepcios Kak OCHO8A
aneopumma OYeHUBaHUsL COCMOSHUU TUHEUHOU YNPABIAEMOU CUCTEMbL, MHONMCECTNBO B03MOICHBIX COCIMOAHUL KOMOPOU
NpeoCmasneHo IMIUNCOUOOM, d HAONI0OeHus — sunepcroeM. Jannoe npedcmagienue paccmampugaemcsi KaxK ananoe
Gurempa Kaimana. Hccnedosanvl ycnogus cO8MECMHOCMU ANPUOPHO2O COCMOAHUSL CUCTIEMbL U ANOCIMEPUOPHOU
usMepumenbHoll uHghopmayuy U 4y8CmMeUmeIbHOCMs AlOpUmMa K 6vlbopy e2o napamempos. Ilokasana 3a8ucumocms
VAYYUIeHUS. OYEHKU COCHMOAHUA CUCMeMbl OM OMHOCUMENbHOU wupunsl 2unepcios. Ilomyyennulii aneopumm no
CPAaBHEHUI € U3BECIMHBIMU PEUeHUAMU NPU HEe3HAYUMETbHOM CHUMCEHUU MOYHOCMU MHO20 Npouje 8 peanu3ayuu u
ycmotiyugee 6 pabome 6 CMulCie HAPYUIEeHUSI ANPUOPHBIX NPeONnOI0NHCEHUII.
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Abstract: Ellipsoidal approximation of the ellipsoid and hyperlayer crossing has been considered as a basis of the
algorithm of states estimation of the linear controlled system whose set of possible states is represented with an
ellipsoid, and observations — with a hyperlayer. This representation is considered as an analogue of Kalman filter. The
conditions of a priori system state and a posteriori measurement information compatibility and sensitivity of the
algorithm to a choice of its parameters have been investigated. Dependence of the system state estimate improvement
on a relative width of the hyperlayer of a set of observations has been shown. The obtained algorithm in comparison
with the known solutions at minor degradation of accuracy is much easier in realization and stabler in operation from
the standpoint of prior guesses violation.
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BBEOEHUE DOBAHHOTO OLEHWBAHMS MHOECTBA BO3MOMXHBIX
COCTOSIHWM JIMHCWHOHN ympaBiseMon cucreMbl [1].
[Tox pobacTHOCTHIO B CTAaThe IOAPA3yMEBAETCS
COOTBETCTBME AITOPUTMA [JBYM YCIOBHSM: BO-

B  nmamHoit  pabGoTe  paspabarbIBaeTCs |
uccienyercss  poOAcTHBIM  alropuTM — LapaHTH-
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MIePBBIX, COXpaHCHHEM pPabOTOCIIOCOOHOCTH TIPH
HapylIeHWd  anpHOPHBIX  TPEINOIOXKESHHA O
napaMeTpax HaOJI01aeMoro OOBEeKTa; BO-BTOPHIX,
“HEYXYAMIaeMOCThIO” OIICHKH COCTOSTHUS 00BEKTa B
mpoiiecce OleHUBaHUS. [ 3Toro B anroputme
BEITIONTHSETCS ~ IIPOBEPKA  MPOMEKYTOUHBIX |
BBIXO/JIHBIX ~ pE3yNbTaTOB  Ha  COOTBETCTBHE
AmpUOPHBIM TPEANONOKEHUSIM U TEKYLIEH OIEeHKe
COCTOSIHUA cHCTEeMBI. [Ipu HapyIeHun ampuopHBIX
MPENMONOKEHN WM yXyANIEHHH  OICHKH,
BBITIOJIHACTCSA nepeornpeaencHue napaMeTpoB
anroput™ma. I'eomerpuueckn pe3yiapTar paboTHI
aNrOpUTMa MOXHO IIPENCTaBUTh KaK DJUIAIICOW]L,
ANNPOKCUMUPYIOIIUNA  TIEpEeceueHue  arpHoOpHOTo
SJUTUTIICOMAANIBPHOTO  MHOXECTBAa  JOCTHXKHMOCTHU
JUHEHHON ympaBisieMod cucteMsl [1] u runepcios,
MIPEJICTABJISIONIEIO COTJIACHO JTAaHHBIM HaOJIIOJACHUS
MHOKECTBO BO3MOXHBIX COCTOSHMM YIpaBIisieMOil
CUCTEMBI, OTpaHUYCHHOE JBYMS TMapauieIbHBIMU
TUIEPIUIOCKOCTSIMU. Takoil anropuTM  sBISETCS
aHanoroM ¢Quubrpa Kanmana paisi  OlCHUBaHHS
COCTOSIHMH CHCTEM C HEW3BECTHBIMU CTaTHCTH-
YECKUMM XapaKTepUCTHUKaMH “IiyMa” U3MEpeHuH U
BHEITHUX  BO3AcHCTBHI. DU3NYECKH  JTaHHBIM
ANTOPUTM MOKHO HMHTEPIPETHPOBATH Kak
BBIJICJICHUE CHUTHAlla M3 HM3MEPEHH, coaepiKailux
“myM” U3MEpPHUTENss W WIH HEKOHTPOIUPYEMBIC
BHEIIIHHE BO3MYIICHUS, JEHCTBYIOIINE HA CHCTEMY.
Ha npaktuxe Takas 3amada BO3HUKAeT, HampuUMep,
NP YCKOPEHHOW  BBICTaBKE  THPOCTaOMIH-
3WPOBAHHBIX IUIATGOPM B YCIOBHSX CTAaTHUCTH-
YECKON HEOMpPEeNeICHHOCTH BHEIIHUX BO3JCHCTBUIA;
KOpPpeKIIMM B  KOMIUIEKCHPOBAaHHBIX  CHCTEMax
OpUCHTAllMM W HaBuramuu [2-7], Korma Kjacc
TOYHOCTH ATHX NMPUOOPOB HE TO3BOJSET JOOHUTHCS
3aMETHOTO YIYYIIEHUS KadyecTBa pabOThl MyTeM
MIPUMEHEHUS  CJIOXHBIX aJITOPHTMOB 00pabOTKH
nHpopMaruu. Yacto B U3MEPUTENBHBIX CHUCTEMax
[0 TEXHUYECKUM WU SKOHOMHUYECKUM MpPUINHAM
BO3MOXKHO IPOBECTH 3aMEHy 3JIEMEHTHOW 0a3bl Ha
COBpEMEHHYI0 — OoJiee TPOU3BOAUTENBHYIO, U
KpOME TOTO, K HUM TPEIbSIBIAIOTCS TPeOOBaHUS Ha
OTpaHWYCHHE DHEPromoTpeONeHNs] TpH  BBIAAYE
CUTHAJIOB YIPABICHUS C BBICOKOW yacTOTOU. Jlns
YIOBIETBOPEHUSI 3TUM OTPAHUYCHHUSIM MOIIHOCTH

MHKPOIIPOIIeccopa, KOTOPBIi obpabarteIBaeT
MOCTYMAIOIIYK)  HM3MEPHUTENBHYI0  HH(POPMAITHIO,
MIPUXOIUTCS OTpaHUYMBATh u MPUMEHSTh

YIPOILIEHHBIE AITOPUTMBI OLIEHUBAHUS, B KOTOPBIX
CYLIECTBEHHO MEHbILEC apU(PMETHUECKUX OTEPaLUi,
a TOYHOCTbH OIICHUBAHHUSA SBJISIETCS IPHEMIIEMOH.

B kauecTBe KpUTEpHA ONTHMAIbHOCTH BO3BMEM
MUHUMYM o0beMa amnMnpOKCUMHPYIOLIETO
JJUIANICOUAA. JlaHHBIi KpUTEpHUil yno6eH

WHBApUAHTHOCTBIO  apWHHBIX  IIPEOOpa3OBaHMIL
OTHOCHUTENFHO UCXOIHBIX MHOXKECTB IS TIOTYICHUS
MUHUManpHOTO  3ymmnconna [1].  Ilapamerpst
AITUIICOMAA MHUHUMAIIBHOTO 00beMa, OIMMCAaHHOTO
BOKpPYT C(EpUUECKOro CJOS WM CETMEHTa, OBbLIH
Haiinensl B [8] musa momychepsr u B [9] ms
runiepcosi. B [10] Obp1  modydeH  anropuTM
AJUTUIICOUIATLHON  alllIPOKCUMAIIUKM  TIepeCeUCHUs

JIUIMIICOWAA W  TUNEPIUIOCKOCTH, TAe O00BeM
aIMIIPOKCHMHPYIOIIETO SJUTUIICON/A, 3aBUCAINI OT
HECKOJIBKHUX napameTpoB, peryaupyercst
BBIpOKEHHEM-(PYHKIHEH ITHX napameTpoB,
Ha3plBacMbIM IIAaroM anropurMma. JlaneHeinmue
paboThI ObLTH MOCBSIILIEHBI pa3paboTke

YHUBEpPCAIbHBIX U Oojiee YAOOHBIX aNTrOPUTMOB
MOJTYYEHHUs] yKa3aHHOW ammpokcuManuu. B paGote
[11], nHampumep, I TONy4YEeHHS TapaMeTPOB
ONTHMAJTBHOTO B CMBICJIE MHHHUMyMa oObeMa
9JUIMIICOUAA, AalMPOKCUMUPYIOIIEro IepeceueHue
JJUIMIICOWAA W THUIEPCIos HEeoOXOOUMO pemaTh
KBaJlpaTHOE ypaBHEHUE.

B [12] Obln mpennoxeH anropuT™, TA€ IIar B
aNrOpuTME  TOJYYEHHMsS  alNpOKCUMHPYIOIEro
NIUIICOMAA MMEET BCEero JHIb JBa 3HA4YeHHUd B
3aBUCHMOCTH OT CTEIICHHU II€PECeUCHUs TUIEPCIIO C
UCXOAHBIM DJUIMIICOMJIOM. XOTS 3TO M CHJIBHO
YIPOINAeT BHIYHUCICHUS, HO BO3MOXXHOCTh YTOYHHUTH
9JUTMIICOUAATBHYIO OLICHKY COCTOSIHUSI CHCTEMBI,
COOTBETCTBEHHO, CYIECTBEHHO YMeEHbIIaeTca. B
[13] momydeHo ycioBme BBEIOOpa Mmara Jyis
MOCTPOCHHUS aNNPOKCUMHUPYIOLIETO 3JIIMIICOUAA B
cily4ae, KOTJa MCXOJHBIN JJUIMIICOMI U THUIEepCIon
JUIIH KacaroTcs Npyr napyra. B manHoit pabore
MOJAYYEHO TMPOCTOC  BBIpAXKEHHWE A Iara
aNropuTMa, TO3BOJIAIONIEE IOJHEE MCIOJIb30BaTh
U3MEPUTEIbHYI0 HH(OpMAIMIO, TO €CTh yTOUYHSTH
COCTOSIHME cHCTeMbl mpu OonbmeM “nryme”. Ilo
cpaBHEHHUIO ¢ paboToii [11] moiydeH u ucclieoBaH
Oomee mHpPOCTONW alNropuT™M MpPU HE3HAYUTEIHHOM
OTCTYIUICHMH OT ONTHUMAaJbHOCTU. DTO IO3BOJISET
JIeT4ye 3anporpaMMHUpPOBaTh U OTIAIUTh AJITOPUTM, a
TaKXKe 3aTpaTUThb  MEHbBIIE  BBIYMCIMTENIBHBIX
pecypcos. Ha B3rmsan aBTopa, pasyMHOE yNpoIIeHHEe
BCerja TMpHUMETCS TNPAKTUKYIONIMMH  CIIeLHAIH-
CTaMH, JaXe eClIM MX KBaIM(UKAIMSI U BO3MOXK-
HOCTH amnmapaTypbl IO3BOJISIOT UCIIOJIB30BaTh Oojee
CJIOKHBIE aJITOPUTMBI.

Br100p nmoacTpoeyHOro napaMeTpa WM mara JUist
MOJYYEHHUS] YIOBJIECTBOPUTEIBHON arMpOKCHUMAIIH
MepecevdeHrss IpH €ro H3MEHEHHH B IIHPOKOM
JUana3oHe MOXKHO  OCYIIECTBUTb,  HCIIOJb3YS
paznuuHble  HepaBeHcTBa  [14], B mpexpene
CXOZSIIMECS K ONTUMAIbHON OLIEHKE.
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1. MATEMATUYECKAA NMOCTAHOBKA
3AOAYU

ITycTs MCXOmHBIN dymuicons F ; 3a/laH B BUJIC
. = \T gy-1 =
{x,:(x;=x;,) H; (x;—x,)<1} (1)

Jj=lonk, (k<) -
AUCKPETHOEC BpEMsd, a T — MHOXECTBO €ro
E,cX;=R

KOMIIAKTHOE MHOKECTBO BO3MOXKHBIX 3HAUYECHUI
nm H =H,>0 -

3aIaHHBIC 71 - MEPHBIM BEKTOP M (1 X n) -MaTpHIIa,

x, ek, jeT,

BO3MOKHBIX 3HAYCHHUI;

HCXOIHOTO COCTOSHMS, X ;

CcOOTBETCTBEHHO. M3menenune F j C TCYCHHUEM

BPEMCHH ONPEACISACTCS CBONCTBAMU JUHAMUYCCKON
CHUCTEMBI, OITUCaHHOH, Harpumep B [13].
YpaBHeHue HAOIOACHUS

yi=hlx;+¢, fj‘SC, J=12,..., (2)

heR", ||h||:1 — mapamerp
fjeR1 -

m3MmepeHur; c¢=>0 —
VYpaBuenne (2) B

rae yjeRl;

HU3MEPUTETHLHOTO YCTpPOKCTBA;

OTpaHHYCHHAsl IIOMeXa
3aJaHHas ~ KOHCTaHTA.
npoctpaHcTBe R” ompesernsieT rumepeion

S, =1{x;: (yj—thj)ZScz}. 3)

J

Ha ocnose (1) u (3) cTpoutcs rapaHTHpOBaHHAS
SJUTUTIICOUAANIbHAS  OICHKA  (AalIpPOKCUMHUPYIOIINN

swmnconn) £, D E, NS, x,,, €E,,

Xy - {(xjH - )_Cj+1 )T H1_+11 (x./'+1 N )_Cj”) = 1} )

MEHBIINA MO 00BEMY, YeM HCXOIHBIH DIUTUNICOU]
(1). Ecmm »53T0 HEBO3MOXHO, TO OCTaBIISICTCS
WCXOIHBIN 3JUTATICOU]T.

B [13] Obum moMy4eHBI BBIpOKEHHUS IS
IIOCTPOCHUS  ANNPOKCUMUPYIOIIErO  JJUIUIICOUAA,
mapaMeTpbl  KOTOPOTO  3aBHCAT OT  CTENEHHU
HEPECeUCHUs AITUIICOUAA MHOJKECTBa
JOCTHM>KMMOCTH U THIIEPCIIOA:

_ _ H h;
Xy=X,+7,—0, ®)
e.
J
T
Hhh H,
Hj+1 :(Hj_Tj A 82 A )71 (6)

J

2 1 2 2
I e Tl )
J
< ef <
Tj_W, O_Tj<1 (8)
q; *¢;
3mech
A . 2
2 T . _ 0 _¢
e;=h;Hh;; o, o AT o
j €;
T~
Aj =Y; _hj X paccTosHHe OT  IEHTpa

HCXOJIHOT'O 3JUIUIICOMIA 10 CEPEAUHBI THIIEPCIIOS];
h ;ER " — mapamerp HabJIIOIAIOIIET0 YCTPONCTBA;

X ; — LCHTP UCXOJHOTO JIUIUIICONTIA;

X j+1 — LICHTD allPOKCUMHUPYIOLIETO JILIHIICONa;

T, — Luar auropuTMa;

q]l > ce; — MOACTPOCHUHBIN NapaMeTp, MOy YCHHbIi

W3 YCIIOBUSA WCIONIL30BaHUS HaOmomenus (2) B

ciliyyae, KOTJa THUIEPCIOW  JIMIIb  KAacaeTcs
UCXOJIHOTO DJUIMIICOMIa. B o0meM ciydae s
YTOYHEHHMsT COCTOSHUS HAOIIOJAEMOU  CHCTEMBI
JIOJDKHO OBITh g ;> 0.

VcaoBue COBMECTHOCTHU arnproOPHOTO
umnconaa u HabmoneHuil 1+ ;(2|0' , B Clly4ae
HapylICHHs KOTOPOTro BBITIOJIHSAEM

_ 2
macwtabuposanue H ,, =0 H ;.

Ycnosue naHGOpMATUBHOCTH HaOMIOMeHUT [12]

detH . ;(2. !

j+1 J 2
—=(1-7) 1+7. -~ — 0" <1,09
det H N R Fwatd )

TO €CTh KPUTEPUI MUHUMU3ALIH.
Tpebyercss HallTh NpUONMKEHHBIE TPOCTHIE

BBID)KCHUs Ul BBIOOpa IIara 7, TPOLELypsI

MOCTPOCHUST  ANMPOKCHUMHUPYIOIIETO  SJUTUIICOUIA,
KOTOpBbIE, C OJHOW CTOPOHBI, TapaHTUPYIOT
BBIMOJHEHNAE YCJIOBUSA WHGPOPMATUBHOCTH, a C
JIpyroi — JaroT AamnmpoKCUMAIHWIo, OJIM3KYH K
ONTUMAJIBHOH, HaliieHHYt0 B padore [11].

Ha puc. 1 VTS ciryuast n=>2

MPOWJUTIOCTPUPOBAHO TIepeceucHue umnconaa E ;
C rumepciioeM HabOIroaeHUH S ; W alIpoKCHMALs

nepecedeHust omnconaom £ .
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v

Jj+l

Puc. 1 — DaauncoupajbHas annpoKcUMAaNMs
nepece4eHus LIMIICOU/IA ¢ THIIEPCJI0EM

2. ANMNPOKCUMALINA NEPECEYEHUA
AMNMNNCOUAAINIbHOINO MHOXECTBA
AOCTNXUMOCTU U TUMEPCIIOA
annunconaom

OyHKINST HHPOPMATHBHOCTH B padorte [11] npu
nepexojie Ha 0003HAUCHHUS, UCTIONB3YEMbIC B CTAThE,
coBmagaer ¢ ycinoBueM (9). [l HaxoxmeHUs
MHHHMyMa HeoO0xoammo mpoauddepeHInpoBaTh
npaByio 4acth (9), MPUPaBHATH K HYIIO, PEIIUThH

MOJIyYE€HHOE ~ KBaJpaTHOE ypaBHEHHE W  B3STh
KOpPEHb, YIOBJICTBOPSFOLIHIA 0<7, <l.
ITonyueHHOe pelIeHHEe OTHOCHTEIBHO 7, TMpH

J

npeo0pasoBaHuK K IOJCTPOCUHOMY NapameTpy ¢ ;

OyzeT MMeThb TakOM e BUA, YTO U ONTHMAJIbHOE
pemienue B [11]. Ilockonbky Hac HHTEpecyeT IO

BO3MOKHOCTH IIPOCTOC BBLIPAKCHUC IJIA Tf , HO HEC

HaMHOT'O OTJIMYaromieecss OT OINTHUMAJIBbHOI'O IIO
CBOCMY 3HAUCHHIO BO BCEX ClIydasX MNCPECCUCHU,

IOJIy9MM BBIPDQKCHHE ISl 7, W3 YIPOLICHHOTO

BBIPAXEHHS, YAOBIETBOPSONIEro (9).
[Iponorapupmupyem (9) (3mece wu  panee
WHJIEKCHI TIPH MIEPEeMEHHBIX ISl YIPOILECHUS 3aIHCh
2

x

-7

<0.

2
— O

omymensl): In(1-7)+nln| 1+7

—o*||<In . Umes

-7 (1-7)

HAa OCHOBAaHWUH H3BECTHOTO
Inl+7)<r,Vr>-1,

Otkyma nln| 1+ 7

0<7r<l,
[12]:

yciioBue

HCPAaBCHCTBA MBI,

UCIIONB3Ysl HepaBeHCcTBO 7 < In , IEPEXOIUM K

-7
CIeAyIomeMy BBIPKEHUIO:
2 2
2 2
nin| 1+7 -0 ||<nTt -0 |, u,
1-7 1-7
2
X 2 |«
HaKOHCI, K HECPABCHCTBY nrt 1_ — O 7,
-7

KOTOpOE CTPEMUTHCS K PaBEHCTBY ObIcTpee, ueM (9).
OTcrona OKOHYATEeNbHO TPUMEM

1+n(02—;(2)
T=——
l+no

(10)

[Ipupasuss mpaseie gactu (10) u (8), momyanm
MIOACTPOCUHBII MapaMeTp ¢ :

2 2
q:Hn(o-—_Z)‘ (11)

2 2
ny’e

Pagencry B (10) u (11) Oyner cooTBeTCTBOBATH
HalMEHbIlIEE 3HAUCHHUE JIEBOM YacTU BbIPaXKEHUS
(9). Ilapamerpy ¢  cootBerctByeT B [l1]

AQHAJIOTMYHBIN MapaMeTp 7], KOTOPBIM HAaXOAUTCS

KaKk  TOJIOKUTENBHBI ~ KOPEHb  KBaJpPaTHOTO
ypaBHeHHs (0003HAYEHHSI IPUHSTHI YIIOTPEOIIsieMbIe
B HallleH CTaThe):

(1= -@2n-)x*+ID
- 20n—-1) e’

n (12)

D=(2n-1)x*-(1-0)) -
—4(n-Dy’(n(x’-o’)-1)

rue:

Ecnu xopHM KBaJgpaTHOrO YpaBHEHHUS HE
MOJIOKUTENIbHBI, TO  MPOUCXOAUT  “OTKa3  OT
pe3yiibTaTa HaOMIOACHUS ™ M OCTaBJISICTCS UCXOTHBIN
ammunicona. Takoe ke TpeboBaHme, coriacHo (8),
npeabsaBisieTcs U K mapamerpy ¢ (eciu g =0, 10

g' =0 u, cnemoatemsHo, =0, uro
COOTBETCTBYET “oTKazy oT pe3yJibTara
HaOmronenus”). s mpUHATHSA pelieHust 0 BhIOOpe
MEXIY  HCXOIHBIM W  anlpOKCHUMHUPYIOIIM
AIUTATICOMIAMH JOCTATOYHO TOTO, 4ToOBI (11) mmm
(12) ObUM TONOXUTENBHBI. JTO OOecrneyuBacT
“HeyXy/I1aeMocTh” OLICHKU B rpouecce

OIICHHWBAHMs, TO €CTh pO6aCTHOCTB ajJropurma.
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[IpupaBHsB HepaBEeHCTBO
(12) mna n

IPAaHUYHYIO NOJYIIMPUHY THIEpCHos ¥, .., NpU

(1) mna g nm

BBIPAKEHUE K HyJIO, HalleM

COOTBETCTBYIOIEM PACCTOAHUU [0 €r0 CEpEIUHbI
(0 £ 0 <®), mpu KOTOPO# MPOUCXOAUT “OTKa3 OT

pesynbrata  HaOmonmeHus”. OHa  modyd4aercs
OJIMHAKOBOU B 000UX CITydasx
l1+no’
Z bound — . (13)
3mece )y — HOPMHUpPOBaHHas TOJYIIMpHUHA
runepcnos  (cm. (7)). Ecmm ke  momymmpuHa

TMIIEPCIOS MEHBIIE TPaHWYHOM: ¥ < ¥, .. TO

MIPOUMCXONT “‘YTOUHEHWE  COCTOSTHHSI HabIr01aeMoit
CHCTEMBI, HO aNNPOKCHUMHPYIOIIUH 3JUTHIICOUN,
NoJTy4aeMblil Ipu BeIOOpe mapamerpa cornacuo (11),
Oymer OONBIMUM 10 O00BEMY — CYOONTHMAIILHEIM,
4YeM IIpH BBIOOpE mapameTpa coracHo (12).

B [11] HpeAJIaraeTcst [IEPEOTIPENEIIATH

rapamMeTpbl THIIEPCIIOS — TMONYWIHUPUHY J} U

paccrossHie O JI0 €r0 CepelluHbl B Ciydae, Korja
nepeceueHne JJUIMICOUAA W THUIEPCIOos MEHbIIE,
YeM [IMPWHA BCEro THIEPCIOs, T.€., €CIH

|0'|+ 7 >1. B aroMm cnydae mepeomnpeeieHHbIe

napamerpbl  OyAyT YIOBJIETBOPSTH |O'| +y=1.
[Ipencrasngercs TIOJIE3HBIM OIIPEJENNUTD
MAaKCUMAaJIbHOE 3HAYEHHE Y M COOTBETCTBYIOLIEE

3HAa4e€HUE O , IPU KOTOPOM OHO JIOCTHUTaeTcs — MpH
YCIIOBUHM paBeHCTBa B (9) M BBINOJIHEHUH YCIOBHUSA

7+ |O'| =1. TloacraBuB Boeipaxkenue (13) B

X+ |O'| =1 u cobnroast paBeHCTBO B (9), moayunm

_n+l
d 2n

npu G:n_—l I/I|6|+)(:l (14)
2n

Ha puc. 2 u 3 noka3zanbsl rpaduku 3aBUCUMOCTH
nHpOpMaTUBHOCTH  HaOmomeHWUH  (OTHOIICHHS

det H H;l

HOJNYIIMPUHBL THIEPCIost Juisi ciydas n=2. Ha
puc. 2 cepearHa TUIIEPCIIOs HAOMI0eHUN TIPOXOIUT
4yepe3 IIGHTP MCXOJHOTO OJIIMIICOUIA, TO €CTh
o =0.Hapuc.3 o=(n—1)/2n. o ocu abcuucc

4l KPUTEpUS] MHMHHUMHU3ALWU) OT

OTJIOKEHA IIMPUHA TUIIEPCIIOs ) , a [0 OCH OpAUHAT
— 3HaueHue Kkpurepus wuHGOpMaTUBHOCTH (9).
CrutomHast TIMHAS COOTBETCTBYET IIary mo Gopmyse
(11), To ectp cyOonmTMMaTbHOMY BBIOOpY IIIara,

mpepeiBucTass  —  Qopmyne  (12), TO  ecTh
ONTUMAJIBHOMY BLI60py mara.
1 T T T T T T
I I I I I I
09F — — — - S -
| | | | | /’ | |
I I I I I I I
S$08-——-- R R e e e
T | | | | Al | |
4 ——— 2 [
EO I I I I /' I I I
L S
= | | | 0 | | |
3 05— —— - T - 4 i e
g | | | A | | |
R S e e
4 | | A | | | |
503 -- -~ \****T**'f'\****ﬂ****r****\****‘r****’
% I [y I I I I
3| — \,,,,\,,i,,\,,,,,\,,,,\,,,,,\,,,,,\ ,,,,,
I I | I I I
I 2 I I I I I
01 == -+ I 2 i Rl El e i
e
0 0.1 0.2 0.3 0.4 0.5 0.6 0.7 0.8

HopmupoBaHHas nonyLwmpuHa runepcnos HabnoaeHwii

Puc. 2 — U3menenne nHGpOPMATHBHOCTH HAOMI0ICHUIT

B 3aBHCHMOCTH OT IIMPHHBI runepesos npu O = 0

T T T T
| | | | | | |
0oL - — — - L1 (R
| | | | | |
< | | | | | | |
S08--——-- -7~ T - e
g A . l . /o l
4 S R I A T
%O | | | | 4 | |
lr
I | | | | | | |
R i B e e 1 < Iy H it iy
= | | | V4 | | |
T ] Sy
o | | | ,/\ | | |
804k —— - _L___ g L]
< U | i | I | I |
() 4
2 | | 4 | | | |
O | B e e it et e
3 | | | | | | |
IToob-_—_—J1____L e Y R A
© 02 | | | | | | |
| | | | | |
[ e 5> Gl nli el e B
| | | | | |
0 1 1 1 1 1 1 1
0 0.1 0.2 0.3 0.4 0.5 0.6 0.7 0.8

HopmupoBaHHas nonyLumpuHa runepcnos HabnioaeHuil

Puc. 3 — U3meHeHne HH(POPMATHBHOCTH HAOJIIOICHUI
B 3aBHCHMOCTH OT INMPHHBI THIEPCJI0si IPH

o=(n-1)/2n

Kak BugHO u3 puc. 2, 3, rae mMTpUXOBON JIMHUEH
MoKa3aH rpaduk Npu BeIOOpe mara coraacho (12), a
crutomHOM  —  cormacHo  (11), pasiamume B
WHPOPMAaTHBHOCTH HEBEIHMKO. TakuMm o0paszom,
00beM CyOONTUMANBLHOTO JIUIAIICOMIa HEHAMHOTO
IpeBbIIIaeT 00bEM ONTUMAIBHOTO 3uuicouaa. 13
Beipakenust (13), ecnmu momoxute o =0, BHUAHO,
YTO C pPOCTOM Pa3MEPHOCTH /A  MPOCTPAaHCTBA
COCTOSIHUM YKa3aHHOE pasinune Oynmer
yMeHbIIaThcd. B ocTaibHBIX clyyasx, T.e. NpH

o #0 u QuKCHUpOBaHHOM 3HAYCHHU Y < Y, . ., C

pocToM # paznuuue B HHGOPMATUBHOCTH OyneT
YBEIMYUBATHCS IO ONPEAEICHHOTO IIpeena.
Hailinem, kak u3MeHseTCsl T'paHWYHas LIMPHUHA
TUIEpPCIIOsT — KOrjJa IPOMCXOOWUT OTKa3 OT
HaONIoleHUsT — TIpM  TEpPEeMEIIEHHH CePeIHHBI
TUIIEPCIIOs OT LIEHTPa UCXOMHOIO 3JUIUIICOUIA K €ro
Kpal0 M C pOCTOM pa3MEpPHOCTH IPOCTPAaHCTBA
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cocrosiauii. [lonoxkum B Beipakenuu (13) o =0,
YTO  COOTBETCTBYET MPOXOKACHUIO  CEPEIUHBI
TUIIEPCIIOs 4epe3 CepeiuHy oJumunconja. Toraa

1
A=

MAaKCHMAaJIbHO JIOYCTUMOE 3HAY€HUE ¥, .. PacTeT

npu o =0. U3 (13) u (14) BuaHO, YTO

C poctoM O,
n—1

O =—— — TpU ero Iepeonpeie]IeHuH COrJIacHo
2n

[11] — Oymer yMeHBIIATHCS C OTHOBPEMECHHBIM

YMEHBIIIEHHEM  00beMa  anpOKCHMHUPYIOIIETO

3JUTUIICOUIA TI0 CPABHEHUIO C UCXOJHBIM. Y CTPEMHUB

n — oo, noxyunm u3 (13) u (14)

a IIOCJIC MPOXOKACHUSA 3HAYCHUSA

n—-1 1
lim =0, limo = =—,
Fpoud, m 2
(15)
limg,,  ="*1_1
Zbound 21’1 2 N

n—0

N3 (15) nmemaem BBIBOA, 4YTO C pPOCTOM H
TpeboBaHUs K HAOIIOMAIONIEMY YCTPOUCTBY PacTyT.

Taxum 06pa30M, Il yTOUHCHHUSA  COCTOAHUA
CUCTCMbI MpU  OLCHHBAHWUU OOJIBIIIETO  YHCIIA
TNEPEMEHHLIX a0 TaKoro XKeE 3HAYCHUA

HEOTIPEICTICHHOCTH COCTOSHUSI, YTO U B ClIy4ae
OLIEHMBAHUS MEHBLIETO YHCIIa TIEPEMEHHBIX, OMYCK
Ha “mrym” HaOJIIOIAI0IIEer0 YCTPOMCTBAa HEOOXOAMMO
YMEHbBIIUTH. Kpome Toro, X0Ts B cirydae, OJIH3KOM K
(14), T.e. mpm TmepecedeHMH THIIEPCIOS U
AJUTUIICOUAA He “TI0 LUEHTPY ’, YTOUHEHHE COCTOSHUS
Ha0If0JaeMOl CUCTEMBI OyAeT “CuibHee” — BIUIOTh
IO TOYKM B Clyyae JIMIIb KAacaHWS TUIEPCIOS C

JJUIANICOMAOM — IIOCTOSIHHO MMETh TOYEYHYIO
OLIEHKY, W3-32 HAJIW4YUs HEOIPENEIeHHOCTH, He
YIACTCA. Bosbmem HauXy AU ciyvap,
COOTBETCTBYIOHIIMH  TPOXOKICHHIO CEpEIHBI

TUIIEPCIIOS YEPE3 IIEHTP HMCXOIHOIO OJUIMIICOMIA
(monmaraem B (13) o =0). Torma mnapaMeTpsbl
SIUIMIICOMIA COCTOSHMI HabIo1aeMoi cHCTeEMBI (B
TOM 4HCIE M €ro o0beM) OyayT CBs3aHbl C

napameTpamu HU3MEPUTEIILHOTO YCTpOICTBa,
[IOMEXOl M3MEpeHHs, CBOWCTBAMHU CHUCTEMBI H
BHEILIHUM BO3MYILIEHUEM clenyromein
3aBUCUMOCTBIO

T 2

h " Hh>cn (16)
rae  H  peKyppeHTHO BBIYHCISIETCS —COTJIACHO
dopMmyie  SJITUINCOMITAILHOH  allpOKCHMAIHH

CyMMBI ABYX JJUTHIICOUIOB (cM., Hampumep [13]) u
3aBHCUT OT JWHAMHYECKHUX CBOWCTB HaOIIOJaeMOMN
CHUCTEMBI U BHEIIHETO BO3MYILIEHUS, IEUCTBYIOLIETO
Ha 3Ty cucteMy. HeoOXoammMo 3aMeTuTh, 9TO Jaxe
ecii cucTeMa HaOJrojaeMa B CMBICIIE KpUTEpUs
Habmomaemoctn Kanmana [15], B peambHOCTH
HaOII0]aeMOCTh MOJKET OBITH
HeynoBieTBopuTenbHoi. CBoiicTBa Mmatpuinbl H
OTIPEACIISAIOTCS. CBOHCTBAMM HAOJI0OaeMON CUCTEMBI
W ypOBHEM BHEIIHETO BO3MYIIEHHUs. Bcnencrsue
YKa3aHHBIX CBOMCTB M MPUYHH COOCTBEHHBIC YHUCIIA
MaTpuUlbI H MOT'YT 3HaYUTCIIbHO OTINYATLCA APYT
OT Apyra wiu, TeM Ooyiee, OHa MOXET OBITh IIIOXO
obycnosiennoit [16]. Eciu Bexktop /A  siBIsieTcs
COOCTBEHHBIM HIIM OJIM3KUM K TaKOBOMY BEKTOPOM
MaTpuiibl, COOTBCTCTBYIOIIUM HaUMCHBUIEMY
cOOCTBEHHOMY YHCIy Marpuibl H , To MBI Oymem
UMETh  Mallblii  00BEM  amNmpOKCHMHPYIOIIETO
JIUTUIICOMAA — C MAajod HEOIPENeIeHHOCTRIO I10
OHOU (pa30BOM KOOpAMHATE, COOTBETCTBYIOIICH
HauMEHBIIIEMY COOCTBEHHOMY YHCITY, M C OOJIBIITOHN
HEOTIPEICTICHHOCThID 10 JAPYruM  (ha30BBIM
KoopauHaTtaM. Takumm oOpa3oMm, TIpu BEIOOpE
HaO0JTFOTaf0IIETO yCTpOHCTBa HEO0OXOTMMBI
COOTBETCTBYIOIIUE UCCIIEIOBAHNS.

Jis  nmeMOHCTpauuMu — poOacTHBIX — CBOMCTB
aJTOpPUTMa BOCITOJIB3yeMcs pe3yibTaTamu [13].

3. MOOENMMPOBAHUE

IIyctb moBeneHue JIMHEHHOW  ympaBisieMoi
CHCTEMBI OMUCHIBACTCS YPaBHEHUEM

X =Ax;+Bu,+L¢,,

Ey=1{x,:(x, _fo)Tﬁo_l(xo —X)) <1}.

gi\sd, x,€E,, (17
(18)

rae A — (nxn)-marpuna; L, u B — n-mepHble
Bextopbl. [lapa (4, B) — ynpasusema [15]; £, € R'
— CKaJIsIpHAs IOMEXa-BO3MYIIEHHE, OrPaHIIECHHA
3ajaHHOit KoHcTanTol d > 0; X, u H OT =H 0 >0
W3BECTHBIC 71 - MEPHBIN BEKTOP U (7 X 1) -MaTpHIIA.
Yupasnenus 4; € R' 3ajaHbl Ha BceM uHTepBae T

yIpaBiieHHs, 00pa3yst porpaMmy

{u cR.jeT}. (19)

MHOXECTBO JOCTIXKUMOCTH cuctembl (17) mpu
ynpasiieHuu (19) Oynem crpouts cornacho [17]:
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X, =A%, +Bu,,
(20)

) = \T pr-1 -
Ej+1:{xj+l'(xj+l_xj+l) Hj+1(xj+1_xj+l)£1}

3necw: {x,,j€T} - pacuerHas TpaeKTOpHs

CHUCTCMbI npu 3aJaHHOM

+ d2 T
H, =406 Hjpyy + 5TLnLn ;

J+l

yIpaBJICHHUH;

H,, =AH A"

4
K K2 (=17 +4n &2, (n=1)

- 2n ’

L,d*; n — pasMepHOCTb BeKTOpa

5t

Jt

2 yTqy-l
Kj+1_LnH

JH

COCTOSIHUSL.
Ommunconn (20) mpU COXpaHEHMM amnpHOPHBIX
MIPENOIOKEHNH O JUHAMHUKE CHCTEMBI U TPaHUIIE
BO3MYLICHHII HMEET HEMyCTOe TIIePeceueHue C
THIIEpPCIIOEM, ONpEAEIIEMbIM YpaBHEHUEM (2).

st MOJICTUPOBAHHUS B3sTa MaTpHIia
0 1 0
A=| 0 0 1 , COOCTBEHHBIE  UMCIIA

-0,1875 0,25 0,75
xotopoit: 4, =0,75;0,5,-0,5, I=1n, n=3,u
B'=[0,0,1]; L, =[0,0,1];
h'=[1,0,0]. Mapa (A4,h) — mabmomaema [15].

Ynpasnenue B (17) npumem paBHbIM U; =35,

BEKTODHI:

Vjel,k. “Bo3mymienne” B KaHaie yIpaBiIeHHS

¢ j 3a7a UM CIy4allHbIM PpaBHOMEPHBIM

pacnpenenennemM ¢ rpanuneii d =+1, a “mym” B
KaHajle HaOJIOAEHUs II0 TAaKOMY JK€ 3aKOHY C
rpanuneii ¢ =+0,1. Bekrop HaYaabHOrO COCTOSHHUS

T
CUCTEMBI X, = [1, -2, 2] yIIOBJIETBOPSIET YCIIOBUIO

(18), rme

100 O
H,=|0 400 |, % =[0,0,0].

0 0 90

Mopenuposanue npoeaeHo B cpene MATLAB.

B  npomecce  oneHWBaHMA <~ MMHTHPOBAIOCH
CKa4yKooOpa3Hoe U3MEHEHHE JTUHAMHYECKUX
CBOMCTB CHUCTEMBI — IYTEM 3aMEHBbl 3-i CTPOKHU
matpunst A mHa  a,=[0,26 -092 13].
CoOcTBeHHBIC YHCIa MaTpHill A MOCIe 3TOro
cramm  A,=05;0,4%0,6i, [=Ln, n=3.

OmHoBpeMEeHHO ObLTa BIBOE YyBEIWUYEHA TpaHHIlA

BO3MyInaroniero Bosxekicteus: d =+2. Ilpu stom
aropuT™M paboTtan ¢ HMCXOAHON Marpuuei A u
rpanuneii d ==*1.

Ha pwuc.4 nam rpaduk wu3MeHeHHs oOBeMa
QJUTUIICOMAA MHOXKECTBA BO3MOXKHBIX COCTOSIHUN
HeHaOII0aeMOil CHCTEMBI, a Ha puC. 5 — Tpaduk
BeIMoONHeHUs  yeioBust  (20) - yHKIHA
MIPUHAUICKHOCTH BEKTOpPA COCTOSHHS  CHCTEMBI
smnconny. CIUIOMIHON JMHUEH [aHbl TpauKu
JUISL CIIy4asl CUCTEMBI C M3MEHEHHOM TWHAMUKOU U
YBEIMYEHHOM TpaHuIlei BO3MYIIIEHUS, a
MPEPBIBUCTON — rpaduKH CUCTEMBbI 0€3 M3MEHEHUS
TUHAMHKH U TPAHUIIBI BO3MYIICHHS.

700

N
o
=]

O6bem annuncovaa

[vckpeTHoe Bpemst

Puc. 4 — U3MeHnenune 00beMa 3JIJIMIICOMIA BO3MOKHBIX
COCTOSTHHI HeHa0II01aeMoii CHCTEMBbI

o
w

o
N}

3HaveHue beHKLlMM NpUHaaNexXHoCTn

o
=

[vckpeTHoe Bpemst

Puc. 5 — ®yHknus npuHAAIE:KHOCTH — IPOBEPKA
BbINOJIHeHNs ycjioBus (20) ns1 HeHaO0AaeMoM
CHCTEMBI

Ha puc. 6 manel rpaduku 06HEMOB DILTUTICOMIA
COCTOSIHHSI CHCTEMBI JI0 W TIOCIIe OLICHWBaHUS — 0e3
HN3MCHCHUA €€ NUHAMUKH W T'paHUIbl BO3SMYUICHHA:
MIPEPBIBUCTON JIMHHEH — OOBEM DJIUTUIICOMAA [0
OIIEHKH; CIUIOIIHOM JHHUEH — 00BbeM DIUIAIICOH[A
MOCTIe OIIEHKH.
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O6bem annunconaa

15 20 25 30
[uckpeTHoe Bpemsi

Puc. 6 — U3MeHeHne 00beMa 3JLIMIICOM/IA BO3MOKHBIX
COCTOSIHUI HeM3MeHEHHOM cucTeMbl 10 U MOcJie

Ha0/110/1eHUS
Ha  puc.7  gawel  Tpaduku  QyHKIMH
IPUHAUIEKHOCTH UL Cllydass HEU3MEHEHHOM
CHCTEMBI: TpPEpHIBUCTOW JHHUEH — QyHKOHUA

MPUHAJJIEKHOCTH JI0 OLUEHKH; CIUIOIIHON JIMHUEH —
(hyHKIHS PUHAIICIKHOCTH TIOCIIE OIEHKH.

0.45

0.4

0.35

0.3

0.25

0.2

0.15

0.1

3HaueHne yHKLUM NPUHAaNEXHOCTN

0.05

[vckpeTHoe Bpemst

Puc. 7 — @yHKkuusi NPUHAJIEKHOCTH — IIPOBEPKA
BbINIOJIHEHUSI yci1oBUA (20) 1J1s1 HeM3MeHeHH O
CHCTEMBI 10 ¥ 1ocJ1e Ha0aoaeHus

Ha puc. 8 JlaH rpaduk GyHKIIH
NpUHAUICKHOCTH  0e3  HM3MEHEHHS  JIWHAMUKH
HaOMIOgaeMOW CHCTEMBI, HO C  yBEIHYCHHOM

rpanuiie Bo3myuieHus. CIUIONTHOW JWHWEH [aH
rpaduk ¢byHKIUU MIPUHAIEKHOCTH JUTST
M3MEHEHHOW HAOIIF01aeMO CHCTEMBI, IPEPHIBUCTOM
— JIJ1 HEU3MEHEHHOM.

Ha puc. 9 JlaH rpaduk byHKIUH
NPUHAUIEKHOCTH €  W3MEHEHHOW  JTUHAMMKOU
HaOIrI01aeMOM CHCTEMBI U C YBEIWYEHHON IpaHHLeH
Bo3mymieHus. CrutomHoW JimHMeW pgaH rpaduk
(YHKUMM — [PUHAAJICKHOCTH AN M3MEHEHHOW
HaOIIOAaeMON  CHCTEMBI, MpPEPBIBUCTOH — UIA
HEU3MEHEHHOM.

BHaueHve beHKLlIAIA NpUHaaNexHocTn

[DuckpeTHoe Bpems

Puc. 8 — ®yHknus npuHaAIe:KHOCTH — IPOBEPKA
BbINOJIHEeHN ycjaoBud (20) ns1 Haba0aaemoi
CHCTEMBI € YBEeJIMYCHHOH rpaHuneil BO3MYICHHS

25

3HaueHe yHKLMM NPUHAANEKHOCTU

\,—~-‘___z’ N/
0 5 10 15 20 25 30
[vckpeTHoe Bpemsi

Puc. 9 — ®yHknus npuHAAIE:KHOCTH — IPOBEPKA
BbINOJIHeHHs YcaoBus (20) 1J1s1 CHCTEMBI €
YBeJIM4YeHHOU IrpaHuuell BO3MYIIeHUS M C M3MEeHEeHHOM
JTHHAMHKOM

4. BbiBOAbI

I[lo pesynpraTaMm MonenupoBaHHS  pabOTHI
ITOPUTMA U HMCCIEIOBAHUAM 3aBUCHMOCTH MEXKIY
€ro mapamMeTpaMu M IapaMeTpaMH HaOIto[aeMOn
CHCTEMBI MOXXHO pEKOMEHJIOBaTh TNPUMEHEHHE
NOJOOHBIX AJITOPUTMOB B cliyyae HeOOJBIION
Pa3MEpPHOCTH TIPOCTPAHCTBA COCTOSHUI CHCTEMBI.
[To »Tol e TpWYWHE BO3MOXKHBIC MOIUDUKAIIHI
aNropuTMa HEOOXOJUMO MPOBEPSTh HA yXyIIICHHE
WHQOPMAaTUBHOCTH HAOMIOACHUH, TO €cTh Ha
CHIDKEHHE  YYyBCTBHUTEIIBHOCTH K  BBIJCIICHHUIO
MOJIC3HOTO CUTHAJIA U3 “IiryMa’ HaOJIroaaTessl.

U3 pucynkoB 8 um 9 nemaeM BBIBOJBI, UTO
AITOPUTM COXPAHSET MOCTOSHHYIO poOaCcTHOCTh IpH
HapyIIeHWH  alpHOPHBIX  NPEANONIOKEeHHH O
TpaHMIaX BHEIIHEr0 BO3MYIIAIOUIETO BO3JCHCTBHS.
B ciy4ae momoigHHUTENHHOTO M3MEHEHUS JIUHAMUKU
CHCTEMBI  aNTOPUTM IIO3BOJIIET  ‘‘3aXBaTHIBATH
BEKTOP COCTOSIHUSI CHCTEMBI, HO MEPHUOAMYECCKH
“TepseT” ero us3-3a Hey4yéra AUHAMUKH CUCTEMBI. B
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3TOM Cllydae HEOOXOJUMO BBOJWThH €II€ OIWH
“Ha0moJarens”’, 0 BO3MOXKHOCTH OPTOTOHAJIBHBIH
MEPBOMY .
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Abstract: Ellipsoidal approximation of the ellipsoid and hyperlayer crossing has been considered as a basis of the
algorithm of states estimation of the linear controlled system whose set of possible states is represented with an
ellipsoid, and observations — with a hyperlayer. This representation is considered as an analogue of Kalman filter. The
conditions of a priori system state and a posteriori measurement information compatibility and sensitivity of the
algorithm to a choice of its parameters have been investigated. Dependence of the system state estimate improvement
on a relative width of the hyperlayer of a set of observations has been shown. The obtained algorithm in comparison
with the known solutions at minor degradation of accuracy is much easier in realization and stabler in operation from

the standpoint of prior guesses violation.

Keywords: Linear controlled system, a set of attainability, a hyperlayer of a set of system states observation,
approximating ellipsoid, guaranteed state estimation, a robust algorithm, a criterion of observations information value,

a step of algorithm, Kalman filter.

1. INTRODUCTION

In this work the robust algorithm of the
guaranteed estimation of a set of possible states of
the linear controlled system is developed and
investigated [1]. In this article we mean conformity
of the algorithm with two conditions by the
robustness  property:  first, conservation of
operability at the violation of prior guesses of the
observable object parameters; secondly, ‘“non-
deterioration” of the state estimate of the object
during estimation. For this purpose in the algorithm
intermediate and final results are checked against
prior guesses and a current estimate of the system
state. At the violation of prior guesses or estimate
deterioration the algorithm parameters are redefined.
A result of work of the algorithm can be
geometrically  represented as an  ellipsoid
approximating the crossing of a priori ellipsoidal set
of attainability of the linear controlled system [1]
and a hyperlayer representing according to the data
of observation a set of possible states of the
controlled system limited by two parallel
hyperplanes. In practice such a problem arises, for
example, at the accelerated alignment of
gyrostabilized platforms wunder conditions of
statistical uncertainty of external influences;

correction in the complex orientation and navigation
systems [2-7] when an accuracy class of these
devices does not enable to achieve marked
improvement of quality of work by using data
processing complex algorithms.

An approximating ellipsoid minimum volume is
taken as a criterion of optimality. This criterion is
convenient because of invariance of affine
transformations relative to initial sets for obtaining
of a minimum ellipsoid [1]. The parameters of the
minimum volume ellipsoid circumscribed about a
spherical layer or a segment have been evaluated in
[8] for a hemisphere and in [9] for a hyperlayer. In
[10] we obtain the algorithm of ellipsoidal
approximation of the ellipsoid and hyperplane
crossing where an approximating ellipsoid volume
dependent on several parameters is expressed
through the function of these parameters called a
step of algorithm. The further works have been
devoted to the development of universal and more
convenient algorithms for obtaining of the specified
approximation. In work [11], for example, for
obtaining of the parameters of the minimum volume
ellipsoid approximating the ellipsoid and hyperlayer
crossing a quadric equation should be solved.

In [12] the algorithm in which a step of algorithm
of approximating ellipsoid obtaining has only two
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values depending on a degree of the hyperlayer and
initial ellipsoid crossing has been suggested. Though
it greatly simplifies calculations, but a possibility of
specification of the system state ellipsoidal estimate
considerably decreases, respectively. In [13] we
have obtained a condition of step choice for
construction of the approximating ellipsoid when an
initial ellipsoid and a hyperlayer only touch each
other. Dependence of improvement of the system
state estimate on a relative width of the hyperlayer
has been shown.

1. PROBLEM DEFINITION

E; system state ellipsoid is set as
— \Ty -1 —
{X; 1 (xj=X;) Hy(X; =X) <1} (1

X;€E;, JeTo, j=L...,k, (k<o) is discrete
time; E; < X; =R" is a compact set of possible
values of the initial state, X; and HJ-T =H ;>0 are
set N is a measuring vector and (N xn)is a matrix,
respectively. The E ; change in the course of time is

determined with dynamic system properties [13].
Watch equation

yJ:hTXJ"‘é:J, (:J‘SC, j:1,2,..., (2)

where yjeRl; heR", ||h||=1 is a measuring
fjeR1 is a

measurements interference; ¢ >0 is a set constant.

device parameter; restricted

The equation (2) in R" space determines the
hyperlayer

S, ={x;: (y;—h"x))*<c?}. (3)

On the basis (1) and (3) according to work [13]

the guaranteed esmimate E;,, D E; NS,

Ej+1 : (Xj+1 _Xjﬂ)T Hj_Jlrl(XjJrl —71-”) <1 4

less by volume than the initial ellipsoid (1) is built,
otherwise the initial ellipsoid remains.

j
Hhh'H;
Hiy=(Hj-7;——=—)7] (6)
&
y2:1+r- ! ;(-2—02 (7)
i i l—rj j i

2
e.
i -1
713ﬁ70371<1’q1 >0 (8)
q; +€j
Here:
A c2
2 T . ) I R
ej=hjHhj; oy =—: 7)==
ej €]

T
A i=Yi— h j Xj 18 a distance from the centre of the
initial ellipsoid to the hyperlayer middle;
h i € R" is a parameter of the observer; X; isa

centre of the initial ellipsoid;
X;. is a centre of the approximating ellipsoid;

If a condition of a priori ellipsoid and observation
compatibility is violated: 1+ y > o scaling should

be performedH ;,, = GJ-ZHJ- .

A condition of observations informativity [12]:

n
detH . 7
j+1 i 2
i L B i B || <1.09
detH; ( T‘){ Tj(l—z-. 7 B ©)

J

Fig. 1 for case N =2 shows the crossing of Ej

ellipsoid and Sj observations hyperlayer, and
approximation of the crossing of abscissas by the
ellipsoid E ;.

A

v

Fig. 1 — Ellipsoidal approximation of ellipsoid and
hyperlayer crossing

2. APPROXIMATION OF CROSSING OF
THE ELLIPSOIDAL SET OF
ATTAINABILITY AND HYPERLAYER BY
THE ELLIPSOID

A simplified step is used
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r=1+n0'2—;(2 /1+no? (10)
(+nlo” - 2*)

q:(1+n(o-2—;(2))/n;(2e2' (11)

n parameter corresponds ( parameter in [11]
n=((1=0*)-@n-1x> +VD)/2n-1) 2% (12)

D=(2n-1)z’ -(1-0*)) =4n-D 1 (n(x* —0*)-)
Xooung boundary half-width of the hyperlayer has
been determined. The  “observation result

cancellation” takes palce with it. It is the same for
(11) and (12)

Zbound :w/i1+n0'2 i/zn. (13)

Let wus assume |J|+ x=1. Then with

o=(n—-1)/2n we shall obtain maximum half-
width of the hyperlayer

7 =(n+1)/2n (14)

Let us assume in expression (13) o = 0. Having
directed N — oo we shall obtain from (13) and (14)

lim gpong =0, limo=(n—-1)/2n=1/2,
o=0,n—>w n—ow
(15)
lim gpoung =(N+1)/2n=1/2.

n—oo

Fig. 2 and 3 show the diagrams of observations
informativity dependence on hyperlayer width

(ratios detH . H j_l) for N=2case. In Fig. 2 the

middle of observations hyperlayer passes the centre
of the initial ellipsoid, i.e. o=0. In Fig.3 -
o =(n—1)/2n. The hyperlayer width y is set by
the abscissa axis, and by the ordinate axis — a value
of informativity criterion (9). The full line

corresponds to a step by formula (11), the dash line
—to (12).

j+l

— =+ — 4 —

- — k=t

A

°
°
>
°
°
®

Fig. 2 — Observations informativity change depending
on o = 0 hyperlayer width

- - -

Fig. 3 — Observations informativity change depending
on o =(n—1)/2n hyperlayer width

It follows from (15) that with N growth the
requirements for accuracy of the observer grow as
well.

The observable system states ellipsoid parameters
(including an ellipsoid volume) will be connected
with the measuring device parameters, measurement
interference, system properties and external
disturbance by means of the following dependence

h"™Hh>c’n (16)

If h vector is an eigenvector or close to such a
vector of the matrix corresponding to the least
eigenvalue of H [16] matrix, we shall have a small
volume of the approximating ellipsoid with small
uncertainty by one phase coordinate corresponding
to the least eigenvalue, and with greater uncertainty
by other phase coordinates.

3. MODELLING

There is a linear controlled system

X, €E
X]+1:AXJ+BUJ+LH§]’ éIJ‘Sd, OE 0,(17)

Ey={X,: (X, =%,) Hy' (% —%,) <1}. (18)

where A — (NxnN)is amatrix; L, and B — nare

n
measuring vectors. The pair (A, B) is controlled

[15]; &5 € R' is a scalar disturbance restricted with

d >0 set constatnt; X, u H} =H, >0 known
N is a measuring vector and (N x n) is a matrix.

Controls y j € R! are set at the whole interval T

{UjERl,jET},Yj:A)_(j_1+BUj_1 (19)

E;={X;:(x; =X H;'(x; -x;) <1}

j (20)
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The following parameters are taken for the
model:

0 1 0 100 O
A=l 0 0 1 > H,y=|0 400 |
-0,1875 0,25 0,75 0 0 90

%; =[0, 0, 0]; xJ =[1,-2, 2]; L} =[0,0,1];

B'=[0,0,1]; hT=[1,0,0]; u;=5,c=0,1.
Modelling has been carried out in MATLAB

according to [13]. In the process of estimation a

discontinuous change of the system dynamic
properties by means of replacement of the 3d line of

A matrix to a;=[0,26 —0,92 1,3] has been

simulated. The disturbing influence bound has been
increased at the same time: d=2. And the
algorithm has operated with Ainitial matrix and
bound d =1.

Fig. 4 shows a membership function value

without change of observable system dynamics, but
with scaled-up disturbance bound. The full line is
the changed observable system, the dash line is
unchanged system.

1 T

0.9

e o
N @

g
)

Value of membership function
o o o
w S o

o
N

o
[

o

Discrete time

Fig. 4 — Membership function — check of fulfillment of

conditions (20) for the observable system with a

scaled-up disturbance bound

Fig. 5 shows a membership function value with
changed dynamics of the observable system and
scaled-up disturbance bound. The full line is a
membership function for the changed observable

system, the dash line — for the unchanged system.
25 \ \ \ \

15— - - -

4. CONCLUSION

By the results of algorithm operation modelling
and investigations of dependence between its
parameters and parameters of the observable system
such algorithms can be recommended for application
in case of small spatial dimension of system states.
For the same reason possible algorithm
modifications shall be checked on deterioration of
observations informativity i.e. on decrease in
sensitivity to useful signal extraction from the
observer “noise”.
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